Notations & Definitions: cohook(X):= cohook completion of X e Str(A),
e k=F afield. e (:= a finite quiver (directed graph).

e I:= an ideal of k@, generated by paths of length more than 2. . . .
o A= NEE= o Bt fi, ot to both ends of X and then longest incoming strings.

in (Q, I) is obtained by adding the outgoing arrow

String & Gentle Algebras: A is a string algebra, if DUSE (‘()//()()/x'(X)'\‘ X /

(i) for arrow «, at most 3! arrows 8 and v s.t af ¢ I and ya g L. = oo™ e mousavand@lac|m - , ] : M
(ii) at each vertex, 3 at most two incoming and outgoing arrows.
Fringed Algebras: Thmeowm): If X,Y in Str(A):
(iif) A set of paths of length two in @ generates I. A vertex of a gentle bound quiver (@, 1) is defective if .Y = COhOOk(Y)'
(iv) for a, at most 3! arrows B and v 5.t 0 # af € I and 0 # yar € 1. | USRI HIENERS el VA B TEO g RIS ¢ A
In a string algebra kQ/I, a string is (an orientation forgetting) walk in @ Prop (somty): o 7-AY is a submodule of TAY
that neither goes through a relation, nor along an edge and then immidiately = J 2T W o1d RN I=E10) I IS k'Q/I canonically embeds
; : o . Iy £e Hom ;(X,7;Y) >~ Homx(X,74Y).
back along the same edge. into a gentle algebra A = kQ/I satisfying: S @ A( ' TA ) A(X, 74Y)

A is called gentle, if additionally
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T-tilting Theory: A-module X is called:
o 7-rigid if Hom (X, 7X)=0;
o 7-tilting if X is 7-rigid and | X| = |Al;
o Support 7-tilting if 3e = 2 € A, s.t X is A/(e)-tilting module. modA — modA
5tr(Q, 1) € Str(Q, ).

Thmes): Let A be a string algebra. ® 7tkiss(cohook(X), cohook(Y)) = dimHom 4(X,7;Y)

(I) Indecomposables of modA are string and band modules; . ’ = dimHoma(X, 74Y).
79 ® 1 a bijection

Example: A = kQ/I is gentle: e Q is a subquiver of Q and I contains I;

74(5,) =cohook(er) = 11
T4(S1) = P = da !
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l,y o Every vertex of ) is non-defective in Q.
3

Thm@eoury): If A gentle and X,Y € Str(A),

e Elements of Homa(X,74Y) and Hom; (X, 7;Y)
corresponding to kisses from cohook(X) to
cohook(Y') forms a basis.

(II) Every indecomp. 7-rigid A-module is a string module.
: o e Basic Support Maximal Collections
E le: Tes
xample 5 ! 7- tilting <—> of
modules Non-Kissing Strings
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Lemma: Every kiss induces a morphism

Y Y . s Let X = 9(50!716 Laboratoire de combinatoire et
X =5, I35 S, is support 7-tilting, where e = e3. T e

nd Y = ;=10\
et s cms
nen =0.
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Notice, X <> {40 AI-T»3.’ : 1.




